
11.6.2 Change of Measure for a 
Compound Poisson Process
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Q(t)-Q(t-)=

總共移動幅度

Jumps in Q(t) are random sizes
First jump size:𝑌1
Second jump size:𝑌2

Q(t):value of Q immediately after the jump
Q(t-):value of Q immediately before the jump



For a Poisson process, the change of measure affects the intensity.
For a compound Poisson process, the change of measure can affect 
both the intensity and the distribution of jump sizes.

定義M種jump size的discrete distribution



N(t):跳的總次數
第m種jump size跳了N𝑚(𝑡)次

進行測度轉換要用到的Z







ቊ
𝑍𝑚 𝑢 − 𝑖𝑠 𝑙𝑒𝑓𝑡 𝑐𝑜𝑛𝑡𝑖𝑛𝑢𝑜𝑢𝑠

𝑀𝑚 𝑡 𝑖𝑠 𝑚𝑎𝑟𝑡𝑖𝑛𝑔𝑎𝑙𝑒
→ 𝑍𝑚 𝑖𝑠 𝑚𝑎𝑟𝑡𝑖𝑛𝑔𝑎𝑙𝑒

∵ 𝑍𝑚 𝑡 𝑖𝑠 𝑚𝑎𝑟𝑡𝑖𝑛𝑔𝑎𝑙𝑒, 𝑍𝑚 0 = 1
∴ 𝐸𝑍𝑚 𝑡 = 1
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① By Lemma 5.2.1

③ By 11.3.4
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